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MOT SO KY THUAT GIAI HE PHUONG TRINH - LUYEN THI

NGUYEN VAN RIN

MOT SO PHUONG PHAP
GIAI HE PHUONG TRINH
goldR

I. HE PHUONG TRINH SU DUNG PHUONG PHAP BIEN DOI
TUONG DUONG:

Diic diém chung ciia dang hé phwong trinh nay la sir dung cdc ky nang bién déi
dong nhit. Pdc bigt, la ky nang phan tich nham dwa mot phwong trinh trong h¢
vé dang don gidn ( c6 thé rit theo y hodc ngwoc lai ) réi thé vao phwong trinh
con lai trong hé.
© Dang 1: Trong hé¢ c6 mdt phwong trinh bic nhit véi an x hoiic 4n y.
Khi dd, ta tim cach rut y theo x hoac ngwgec lai.
(y+D(x+y+1)=3x"-4x+1 (1)

xy+x+1=x" (2)

x Vi du 1: Gidi hé phwong trinh: {

Giai: D& théy x=0 khong thoa man phuong trinh (2) nén tur (2) ta co:

2

yrl=2 -1 thay vao (1) ta duogc:
2 2

P e T e gk e (P DR =) = (r= D)3 1)
X X

S x-D2x+2x —x-1)=(x-D3Bx-1) & (x-1)(2x’ +2x* —4x) =0
x=1

< |x=0 (loai)
x=-2
® Dang 2: Mjt phuong trinh trong hé co thé dwa vé dang tich ciia cac
phwong trinh bac nhat hai an.
xy+x+y=x" -2y (1)

2. Vi du 2: Giii hé phuong trinh: {x \/Z—y Sil=2-2y @
Giai: Piéu kién: x>1;>0.

e x*—xy-2y"—(x+y)=0 < (x+y)(x—2y)—(x+y)=0(tr DK ta c6 x+y>0)
< x-2y—-1=0 < x=2y+1 thay vao phuong trinh (2) ta duoc:
W2x+ 2y =2y +2 & (y+1)({2y -2)=0(do y>0) @ y=2=x=5.

© Dang 3: Dwa m{t phuong trinh trong hé vé dang phwong trinh bic hai mjt
an, an con lai 1a tham so.
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¥ =(Gx+4)(4-x) 6]
Y =5x> —4xy+16x—-8y+16=0 (2)
Giai: Bién d6i phuong trinh (2) vé dang y* — (4x+8)y—5x> +16x+16=0

»= Vi du 3: Gidi hé phwong trinh: {

Coi phuong trinh trén 12 phuong trinh an y tham s6 x ta cd A'=9x? tir d6 ta dugc

nghiém {y=5x+4 (3)
y=4-x 4
4
Thay (3) vao (1) ta dugc: (5x+4)* =(5x+4)(4—-x) < x:—§:>y=0
x=0 =y=4

:4 =
Thay (4) vao (1) ta dugc: (4_)5)2 =(5x+4)d-x) & {X =y=0
x=0=>y=4

Vay nghiém cua hé 1a: (0;4),(4;0), (‘?4;0) .

1L HE PHUONG TRINH SU DUNG PHUONG PHAP DAT AN PHU
Diém quan trong nhit trong hé dang nay la phat hi¢n dn phu
a= f(x;y),b=g(x;y)co ngay trong tieng phwong trinh hodc xudt hién sau mot
phép bién déi hang dang thirc co bin hodc phép chia cho mjt biéu thirc khdc 0.
X +l+yp(y+x)=4y (1)
(X +D(y+x-2)=y (2)

@ Vi du 4: Gidi hé phwong trinh {

2

x +1
+y+x=4
D@ thay y=1 khong théa man phuong trinh (1) nén HPT < d
x +1
(y+x-2)=1
2 +b=2
bat a= al +1;b=y+x—2 :{a
v ab=1
X’ +1l=y
Giai h¢é ta dugc a=b=1 tir 6 ta c6 h¢ phuong trinh {
x+y=3
Hé nay ban doc co thé giai dé dang.
dxy +4(x* +y°) + ~=7
+
w Vi du 5: Gidi hé phwong trinh (r+7)
2x+ =3
xX+y

Gidi: Dicu kién x+y =0
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%x+yf+(x—yf+——é—7=7
(x+y)

+x—-y=3

HPT <
xX+y+

X+y
1
xX+y

3a’+b* =13 (1)
a+b=3 (2)

Pit a=x+y+ (|a| > 2);b = x— y ta dugc h¢ phuong tr‘mh:{

Giai hé ta dugc a=2; b=1 (do a>2) tir d6 ta co6 hé:

1
xX+y+ =2 x+y=1 x=1
x+y = =
x—y=1 y=0

x-y=1
Vay nghiém cua hé 1a (1;0).

III. HE PHUONG TRINH SU DUNG PHUONG PHAP HAM SO
H¢ phwong trinh logi nay ta thwong gap ¢ hai dang f(x)=0 (1) va
F(xX)=f(»)(2) véi [ la ham don diéu trén D va x, y thugc D. Nhiéu khi cin
phdi ddnh gid an x, y dé x, y thuéc tip ma ham f don digu.

© Dang 1: Mt phwong trinh trong hé ¢6 dang f(x)= f(y), phwong trinh
con lai giup ta gidi han x, y thugc tip D dé trén déo ham f don diéu.

X =5x=3"-5y (1)

x4yt =1 (2)

<1 |ﬂ§1
yt<1 {| y|<1

Xétham sd f(1) =7 -5t e[-1;1]

Tacod f'(t)=3t"-5<0;Vte[-1;1] do &6 f(¢r) nghich bién trén khoang (-1;1)
T d6 (1)  x =y thay vao PT (2) ta duwgc PT x* +x*-1=0

@ Vi du 6: Gidi hé phwong trinh {

Giii: Tir PT (2) ta co {

Dit a = x* > 0va giai phuong trinh ta dugc a =—

@ Dang 2: La dang hé doi xirng loai hai ma thwong khi giai thwong din dén

ca hai trwong hop (1) va (2).

x+Vxt —2x+2=3"+1
y+m:3)‘"+l
a+a®+1=3" (1)
b +1=3" (2)
(1)-(2) vé theo vé ta c6 a+a> +1+3" =b+b>+1+3"  (3)

w Vi du 7: Gidi hé phwong trinh {

Gﬁkfﬁtathb=ylMdumﬂﬁ{
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Xétham sé ()=t +e2 +1+3
NP1+t

MO
Vi \/m>\/t_22—t:>\/t_2+t>0:>f'(t)>0,w
Do do, ham s6 f(¢) dong bién trén R.
Nén PT (3) < a =5 thay vao phuong trinh (1) ta dugc a+ \/az_+ =3 (4).
Theornhén x¢t trén thi a + \/m >0 nén PT (4) < ln(aﬂ/ﬁ )—aln3=0 (léy In
hai v¢).
Xét ham s6 g(a)=In(a+/a® +1)—aln3

+3'1n3

g'la)= —-In3<1-In3<0,VaeR.
a’+1

Do d6, g(a) nghich bién trén R va do PT(4) c6 nghiém a=0 nén phuong trinh (4)
c¢6 nghiém duy nhat a=0.

Vay nghiém ctia hé phuong trinh ban dau 1a (x;y) = (1;1).

1V. HE PHUONG TRINH SU DUNG PHUONG PHAP DANH GIA
Phwong phdp nay cin lwu ¥ cdc biéu thirc khong dm va niam viing cdc bit ding
thire co bdn.

w2 ey )
, " x> =2x+9
2. Vi du 8: Giai hé phuong trinh
2xy 2
yt——==y"+x  (2)

«3/y2—2y+9
Gidi: Cong (1) va (2) vé theo vé, ta dugc
2 L2 oLy )
3/x2—2x+9 {/y2—2y+9

< 2|y < 2|y =[xy

i/x2 —2x+9 - i/x2 —2x+9 S22

2xy

Taco Ax’ —2x+9=3(x—1)° +822 =

Tuong tu . x|
Iy =2y+9

Ap dung bét ddng thire Cauchy cho 2 s6 duong x%;»* ta cd x>+ > > 2|xy.
Nén VT(3) < VPQ3).

. =y=1
Do d6, ddu “=" xay ra khi {x 7=

x=y=0

Thu lai, ta dugc nghiém cia hé phuong trinh 1a (0;0),(1;1).
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=—x"+3x+4
%Vi du 9: Gii h¢ phwong trinh {°
x=2y"-6y-2

x—2=2(y"-3y-2) x=2=2(y+1)’(y-2) (2

Néu x>2 thi tir (1) suy ra y-2<0 diéu nay mau thuin véi PT(2) c6 x-2 va y-2 clng
dau.

Tuong ty v6i x<2 ta ciing suy ra diéu vo 1y.

Vay nghiém cua hé phuong trinh la x=y=2.

Hy vong mgt sé vi du trén sé gitip ban doc phan nao ky ning gidi h¢ phwong
trinh.

Giais HPT@{y—2=—(x —3x-2) @{y—2:—(x+l) (x=2) (1)

BAI TAP TU LUYEN
N {xy—3x—2y=l6 ) {x (2+3y)=8
¥’ +y —2x—-4y=33 x(y’=2)=6
;. {x +3y=9 . {2(x +2x—y—1)=x(y+1)
Y +4(2x—-3)y* 48y —48x+155=0 Y +4x+1+In(y* +2x)=0
s {\/74-\/)6?4-\/)61 Jy+fy+2+fy+4 . {x +y =2
x+y+x’+y’ =44 X +xy+y —y=0
¢ =2011-—2
y -1 2. {xy —2x+y°=0
{e _2011_\/_1 2" +3x* +6y—12x+13=0
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MOT SO CHU Y ‘
KHI GIAI HE PHUONG TRINH
o

’ x2+y+x3y+xy2+xy=—§
xBai todn 1: (KHOI A-2008) Giai h¢ phwong trinh 4

x4+ ¥+ ap(1+2x) = —%

2 3 2 5
X+ y+xXy+xt xy=—=
Gidgi: HPT < I

(x2+y)2+xy=—§

:>)c2+y+xy(x2+y)=()c2+y)2 c>(x2+y)(x2+y—l—xy)=0.
x> +y=0
L (xX*+y)=0= 5 (D

xy=—=
=Ty

HE (I) c6 nghiém (x;y) = (iEH f—z) :

) 1

X +y=——

ot y—l-xw=0= . 2 @
xyz—E

He (11) c6 nghiém (x;y) = (1;—%) .

Véy hé phuong trinh d cho ¢6 hai nghiém (x;y) I3 (i/é 3 f—z), (1;—%) .

xy+x+1=7y

2.2

@ Bai toan 2: (Khoi B-2009) Giai hé phwong trinh ,
Xy +xy+1=13y

Gidi: y=0 thi h¢ da cho vo nghiém.
Do do,y = 0. H¢ da cho tuong duong véi hé:

x+£+l=7 x+l+£=7
y yl - yl y

it —=13  |(x+—)P-Z=13
y oy vy
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Suy ra (x+l)2 +(x+l)—20=0
Y Y

1

. 1 X+—=-5 __ o
iLx+—=-5= ¥ . Hé nay v0 nghiém.
Y -
x=12y
. 1 x+l:4
li. x+—=4= y
Y -
x=3y

Trudmg hop ndy hé c6 hai nghiém (x; y) = (1;%) va (xiy) = (3:1).

Vay hé phuong trinh da cho ¢6 hai nghiém (x;y) = (l;%) va (x;)=(3;1).

@Nhdn xét: Qua hai vi du dé thi tuyén sinh DPH néu trén, chiing ta c6 thé thay
rang doi khi chi cin bién doi co ban , dwa vao cac hing dang thirc 1a c6 thé
thu dwoc két qua .

Sau ddy, ta xét tiép cac vi du doi héi cac phép bién d6i phire tap hon.

1-—2 =2

y+x

12
1+ Wy =6
y+x

= Bai todn 3: Giii h¢é phwong trinh

Gii: Piéu kién x>0,y >0,y+3x#0.

+3x f
HPT & 4 \/;Q \/7
L4 12 6 312
y+3x \/; f \/7_ y+3x
Suy ra
Y _3
l—2=— 123 :>yz+6xy—27xz=0:>(1)2+6(Z)—27:0:> y
Xy y+3x X x £ 29 (loai)
X

V01 =3ta dugc x=(1+/3)%y=3(1+/3)’.
Vay nghiém cua hé da cho la x=(1+\/§)2;y=3(1+\/§ ).
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36x°y —60x" +25y=0
= Bai toan 4: (Dw bi D-2008) Giii h¢ phwong trinh {36)°z-60)° +25z=0
36z°x—60z" +25x=0

B 60x*
YT 3622 425
2
Gidi: HPT < {z=—"
36y° +25
60z*
X=—s—"
36z°+25

Hién nhién hé nay c6 nghiém (x;y;z) = (0;0;0).

Duoi day ta xét (x; y;z) = (0;0;0).

Tir hé trén ta thdy x> 0;y > 0;z > 0. Ap dung bit dang thirc Cauchy ta cé:
_ 60x’ < 60x” _ 60x” _y

Y736 425 2f36xi05  60x

Tuong tu ta dugc y<x<z<y.Suyrax=y=z.

Do d6, hé c6 mot nghiém nira 1 x= y =z =%.

| wn

Vay hé da cho 6 2 nghiém (x;y:2) = (0;0;0) va (x;:2) = (%; ;%).

= Bai todn 6: Giii h¢ phwong trinh {\/ﬁ—\/; =8 ()
(x=1)*=y 2)

Giai: Piéu kién x>1;y>0.
Thé y tir phuong trinh (2) vao phuong trinh (1) ta co:
Jr—1-(x-1=8-xX oJx-1=-x+x>-2x+9 (3).
Xéthamsd f(x)=—x’+x>=2x+9 (x21)

f(x)=-3x"+2x-2<0,Vx>1
Do d6, f(x) nghich bién véi x>1.
Mit khac, ham sé g(x)=+/x—1 ludn nghich bién khi x>1.
Suy ra, phuong trinh (4) c6 nghiém duy nhat x=2.
Vay h¢ da cho c6 nghiém duy nhat (x;y)=(2;1).
Nhén xét: Poi véi bai todn trén, dung cong cu dao ham dé gidi guyét la rat hay.
Tuy nhién, ta ciing co thé tranh duoc dao ham bang cach bién doi khéo léo nhu
sau:

pt3) e Nx—1-D—[(x=1)-1]+x*-8=0
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x—2
x—1+1
1
S x-2)| ——
Vx-=1+1

Sx=2 (vi

—x(x=2)+(x=2)(x> +2x+4)=0
+x° +x+4j:0

1 2

—+x +x+4>0,Vx2>1].
Vx—-1+1 j
Duwéi diy, xin néu mgt bai todn trong dé thi tuyén sinh Pai Hoc ma néu khéong
dung dén cong cu dao ham thi kho co thé giai duoc.
w=Bai toan 7: (KHOI A-2010) Giii h¢ phwong trinh

@Ax* +Dx+(y=3)/5-2y =0 (1)

4y’ +y° +243-4x =7 2)
Gidi: Didu kién x < %;y g% .

PT(1) & (4> +1)2x=(5-2y+1)/5-2y
2x=u
bat = W +Du=0 +1)
S22y =v
Ham f(r)= (> +1)t o f'(1)=3t>+1>0,Vs R nén /() dong bién trén R .
x>0
Do d6, u=v=2x=,5-2y < 5452 -
y:
2

2
The y vao PT(2) ta dugc 4x° + G— 2x2j +23-4x=0 (3)

D@ thay, x=0 va x=% khong phai la nghiém cua PT(3).

Xét ham so

2
g(x):4x2+(§—2x2j +2+4/3—4x trén (O;%)

5 zj 4 ) 4 ( 3)
(x)=8x—8x| ——2x" |- =4x(4x" -3)— <0,Vxe| 0;— |.
g0 (2 Goa ) J3—4x 4
Suy ra, g(x) nghich bién trén (0;%).

Nhén théy g(%j —0 nén PT(3) c6 nghiém duy nhit x :% .

Véix=%th‘1y:2.
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Véy hé di cho c6 mét nghiém (x; y) = G;zj .

Xaxpt=y"eyt (1)
Vax+5+y*+8=6 (2)

Giai: Dé thdy y=0 khong la nghiém ctia hé phuong trinh.

= Bai toan 8: Giii hé phwong trinh {

5
Chia hai vé cia PT(1) cho y* # 0 ta dugc [%j +[§j =y +y

Xéthamsd f(t) =1 +1 cd f'(1)=5t"+1>0,Vte Rnén ham sd f(¢) ddng bién trén

R.

Suyra ==y x=y>. Thé x=? vao PT(2) ta dugc v4x+5+/x+8 =6.
Y

Giai h¢ nay ta dugc x=1.
Vay h¢ da cho c¢6 2 nghiém (x;y) =(1;1) va (x; ) =(1;-1).

BAI TAP TU LUYEN
Gidi cac hé phwong trinh sau:
{ 4—x3y+xzyzzl 5 x*+2x°y+x7y* =2x+9
. —x +xy=-1 . x> +2xy =6x+6
2+6y——— Jx-2y . {\/llxyx/yx—l 5 {x2+y=y2+x
' _ —26x=3 |2 -2 =x-
m X 43y—2 T\y—x+6y—26x=3 X
1-x2 3
— - 2% +xp+==2"
6. {ic 112xy41—2§)y =0 7 y 5
n(l+ x)—In(1+ x—
I+ =In(+y)=x=y (x2y+2x)2—2x2y—4x+1=0
3 2 3
32 =13 -3y=2
2xy+y =2x" +x° ¥ o=y -3y
5 +2) +1— +1 > lo x=2 +1lo 21 =( —2)3'
x y (x ) g, -1 g« S

y

10
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HE PHUONG TRINH PAI SO

Dang 1: HE PHUONG TRINH BAC NHAT HAI AN

{alX +bY =c -

Dang tong quat: a,X +bY =c,

Phuong phap:Thong thudng c6 3 phwong phap dé giai hé phuong trinh dang

(*).
v¢ Cach 1: Giai bang phwong phap thé.
v¢ Cach 2: Giai bang phwong phap cong dai so.
v¢ Cach 3: Giai bang phwong phdp dung dinh thuec.
L1 eA a b ¢ b a, c
Ki hi¢u: D=|" ‘'|=ab,-ab, D,=|" ‘'|=c¢b,-ch,D,=|" '|=ac, —axc,.
a b G b a, &
D
THI1: D #0: Hé c6 nghiém duy nhat b
DY
y="%
D

TH2: D=0:Va D, =D, =0: Hé c6 vo sd nghiém dang {(X0.7,)|a X, +BY, =c,} .
TH3: D=0:Hodc D, #0 hoac D, #0: H¢ vd nghi¢m.
Bai tdp: Gidi cac hé phwong trinh sau:

§+§=3 6 N 2 _3 6x-3 2y _
Xy ) x=2y x+4+2y 3 y=1 x+1
2_£=1 3 N 4 _ 1 4x—2_4_y:2
X oy x=2y x+4+2y y=1 x+1
3x-6  x 2)6—3+y+7_5
4 2% +2x—+/y—1=3 5 v+l y-2 6 x=2 y+3
) x2+x+2 y—1:4 ' )C—2+ 3x _7 ' )C+1+3y+1=5
v+l y-=-2 x=2 y+3

11



MOT SO KY THUAT GIAI HE PHUONG TRINH - LUYEN THI

3(x+y)+2 l—lj=6 i+L1:3 M:—7
2 Cy L S e *Usey s
_ LI 2 -4 =2 =
3(x y)+2[x+yj 4 x y-1 y—x 3
5
8 1 (4-x")+==
~+—=17 2 =
10 4%y I {; j?’: “15 12. Y
Tx-3y=xy rouE 4-x"+—==4
Jr
i x=1+y=0 " lx=1]+|y-2|=1 s, x+2y=2 .
2x—y=1 |x—l|+y=3 |2x—3y|=l

Dang 2: HE GOM MQT PHUONG TRINH BAC HAI VA MOT
PHUONG TRINH BAC NHAT

Dang tong qudt:

ax’ +by* +cexy+dx+ fy+e=0
Ax+By+C=0

Phirong phdp: Tir phwong trinh bic nhit, riit mét an theo an con lai va thay
vao phuong trinh béc hai.
Bai tap: Giai cac phwong trinh sau:

L {2x—y—7=0 5 {4x+9y 6
Y =X +2x+2y+4=0 +6xy—x+3y=0

3. {2x2+x+y+l=0 4 {x+2y+l (x+2y+2)=0
X +12x+2y+10=0 xy+y +3y+1=0

5 {2x2—xy+3y =Tx+12y-1 6. {2x+3y 2)(x=5y-3)=0
x-y+1=0 x=3y=1

. {x2+11=5y2 g {9x +4y? +6xy+42x—40y +135=0
2x+3y=12 3x-2y+9=0

9. {7x +9)" —12xy+5x+3y+5=0 .{x +) +6x+2y=0
2x-3y=1 x+y+8=0

1. {x2+2xy+y2—x—y=6 1. {x2+xy+x:10
x—=2y=3 x=2y=-5

12
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- 1 1 1
X+y Xx—)y ==
LI SRR AP, 3x 2y 3
13.¢ x-1 2y 14,177
4 LI S
X y— 9x2 4y2 4
111
x+1+;_§ (x+y)4+4(x+y)2—117:0
15. 16.
1 :l x—y=25
(x+l)2 v 4
_ 2 2 _
. {x}—yzl 8. (18x" +18x+18y~17)(12x* ~12xy—1) =0
X -y = 3x+4y=0
2 2
19 (x—y)(x -y )=45
x+y=35
Dang 3: HE POI XUNG LOAI I

Dang tong qudt: (*)

{f(X;Y):O

g(X;7)=0

Trong d6, hoan vi gitta X, Y thi biéu thuc f(X:;Y);g(X;Y) khong thay ddi.

S=X+Y
Phwong phdp: % Dit { X;L’ . Thay vao hé (*) ta tim dugc S, P.

& Khi d6, X, Y 1a nghiém cta phuong trinh #* —St+P =0 (1).

» Do tinh d6i xung cua X, Y nén néu phuong trinh (1) c¢6 cac nghiém ¢; ¢,
thi h¢ (*) co nghiém (; ¢,),(¢,31,).

» Ciing do tinh ddi ximg nén dé h¢ (*) c6 nghiém duy nht thi diéu kién
can la X=Y ( thay vao h¢ tim tham s0, sau do6 thay vao h¢ (*) dé tim dicu kién du ).

> Do X, Y 1a nghiém cuia phuong trinh > —S¢+ P =0 nén diéu kién can va
da deé h¢ (*) c6 nghiém la: Phuong trinh (1) c6 nghiém trén tap gid tri cua X, Y.
Bai tdp: Gidi ciac hé phwong trinh sau:
i x2+xy+y2=4 ) X+xy—y=>5 3 x2+xy+y2:7

' Xy =13 ol

xX+xy+y=2 xt Pyt yt =21

13
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x*+y? =5
4.7 77
xt=x*y*+y' =13

I 1
X+y+—+—=4
7.% 7
' 1

1
X4y +—=+—=4
X

xy(x+y):—2

xt+yt=17
1395,
X+y +xy=3

X +y =19
16.
(x+y)(8+xy)=2

|

0. {x3+y3 =7
|
|

x—y+£=3
19, d
(-y)r_,
y
x+xy+y=11
x’ +3(x+y)+y2 =28
[+ =1
22. o , 1
Y7
x+y+xy=11
25. é+é+xy=11
Xy

X+y+z=6
S.9xy+yz+zx=12
2 2 2

—+—+—=3
X y z

] X —xy+y =7
Clx+y=5

x+y+z=1

1. <xy+yz+zx=-4
Y+y +z =1
xX+xy+y=35

X’ y+xy° =6

X+y+xy=
X’ y+xy’ =

N | Nlﬂ

—xy+y =1
20. X —xy+y =19
xX+xy+y=-7

’. {x(x+2)(2x+y) =9

X' +4x+y=6

¥ +y =1
26. 9 yo 4 4
X +y =x +y

I 1
X+y+—+—=95
X
6. ly 1
X4y +=+—=9
R
x2 y2
—+—=18
9.y «x
x+y=12
X+y+z=6

12.*% Sxy+yz—xz=7
¥ +y +z° =14

1 {x2+x+y2+y=18

x(x+1)y(y+1)=72

x+y+£=9
18. g
(x+y)x 90
y
21.

14
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~ B x Zzil
28. {x ) {ﬁ+ﬁ4 30. \E+\/; NE
wx +yfy =35 x+y—xy =4 o + i = 78

Dang3: HE POI XUNG LOAI IT

H¢ phwong trinh dwoc goi la doi xirng logi I khi thay X boi Y hodc thay Y boi
X thi hé phwong trinh khong thay doi.

{f(X;Y

Dang tong quit:

Phuwong phdp: Néu f(X;Y ) 1a da thuc thi thong thuong hé (*) duoc giai nhu
sau:

Bidn dbi (v) < |/ V)T (X020 (X -r)&(X:7)=0,
f(X;Y)=0 f(X;Y)=0

Bai tap: Giai cac hé phwong trinh sau:

4y 3
_3y="2 3 — iz
1 {x3:3x+8y ) ey X 3 X+ dx y+2 {x2—2y2:5y+4
3= 4 B I, Y
y =3y+8x y-3x=—2 P rdy=xto y'—2x* =5x+4
y
2 1 3
3y=y +2 2x+—=— 2x2:y+l ) )
5 x° 6 y X 7 % 2 {2x -3x=y" -2
2 ’ ’ ’ 2 _ 2
3)C=x 1—2 2,’)/4-—:i 2y2=x+— 2y —3y=x"-2
y Xy X
P=x+2y+4 2x=y" —4y+5 > =3x+2 P=x+
o % TITTR g (TS T T T 1 T
Y =y+2x+4 2y=x"—4x+5 vy =3y+2x Yy o=y+x
+x°=1- 22y =2x+ =x’
13, [T T g Y A ey 154777
»+y =1-x Y =2x" =2y+x xX=y

15
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Dang 4: HE PHUONG TRINH PANG CAP

H¢ phwong trinh dai sé ding cdp bdc hai theo x, y .

Dang t(fng quat: (*)

{alx2 +hxy+cy’ =d,

azx2 +b,xy + czy2 =d,

Phwong phap:

Giai h¢ khi x=0.

Khi x=0, dit y = thé vao hé (¥), khir x duoc phuong trinh theo t.

Giai t, r6i tim x, y.

Bién déi: {alx2 +bx(tx)+¢ (z‘x)2 =d, - {xz (a1 +bt +clt2) =d, (1) |
- x’ (a2 +b2t+czt2)=d2 (2)

a,x* +b,x(1x) + ¢, (z‘x)2 =d,
0

(2)

Bai tap: Giai cac hé phwong trinh sau:
1 {x2—3xy+y2=—l ) {3x2+2xy+y2=11 3 {x3—y3:7

Lap ti:

3 —xy+3)° =13 X4+ 2xp+3y7 =17 xy(x-y)=2
X +xy-y’ =5
=y ¥ -x?+y =1 X' =2xy-3y" =0

[ A= S - P * Vel ol =2

X oy 2 xy Y
7 3x* +5xy—5y* =37 g X’ —4xy+2y° =1 9 X +3x°y+x0° +) =6
' 5x2—9xy—3y2=15 . 2x2—xy+y2=4 . 3y3+x2y—2xy2=2
10 x> =3xy+y*=-1 1 2x% +3xy—y> =2 12 Yy -x =7

2x" +xy+2y> =8 X —xy+2y° =4 2x°y+3xy° =16
13 1y =T 1q |3 Sw—dyi=3 (x=y)(x*+)7) =13

2x’y+3xy° =16 9x* +11xy—8y” =13 (x+y)(x*=y?)=25
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